This article serves as errata of the book "Energy of knots and conformal geometry", Series on Knots and Everthing Vol. 33, World Scientific, Singapore, 304 pages, (2003).
• Page 3. The second paragraph "Let M denote R 3 or S 3 . Two knots f and f ′ in M are called isotopic if there is an isotopy h t : M → M (t ∈ [0, 1]) of the ambient space such that h 0 is equal to the identity map and that the map (x, t) → (h t (x), t) from M × [0, 1] to itself is a homeomorphism. Then two knots are isotopic if and only if there is an orientation preserving homeomorphism h of M that satisfies f ′ = h • f . A knot type [K] a knot K is an isotopy class of K. " should be replaced by "Let M denote R 3 or S 3 . Two knots f and f ′ in M are called isotopic if there is an isotopy h t : M → M (t ∈ [0, 1]) of the ambient space such that h 0 is equal to the identity map, that the map (x, t) → (h t (x), t) from M × [0, 1] to itself is a homeomorphism, and that h 1 • f = f ′ . Then two knots are isotopic if and only if there is an orientation preserving homeomorphism h of M that satisfies f ′ = h • f . In this book, let us call an isotopy class of a knot K a knot type of [K] . "
• Page 15. The second line from the bottom.
ε (h; s)ds.
should be replaced by
• Page 26. "then E (α) " in the first line of Theorem 2.4.1 (2) should be removed.
• Page 26. The 5th line from the bottom, i.e. the second line in the proof of Theorem 2.4.1 (2).
"Let h be a knot with |h ′′ | ≡ 1 and
should be replaced by "Let h be a knot with |h
• Page 34. Definition 3.1. The first line of the formula holds if X ̸ = P :
• Page 42. Outline of proof of Theorem 3.5.1.
The convergence means the convergence with respect to the C 0 -topology.
• Page 43. The first line. "Kusner and J. Sullivan" should be replaced by "Kim and Kusner".
• The book does not contain the proofs of Theorem 3.6.1 on page 44 and Theorem 3.7.7 on page 53, for which the reader is referred to [FHW] and [He1] respectively.
• Page 45. The right hand side of the 6th line from the bottom.
• Page 54. Section 3.8.
The main point of [KK] is as follows: As r approaches 0 or 1, the orbital configurations approach a p-or q-fold covered circle, and thus its energy E = E (2) must go to infinity. Since E is continuous, it takes on a minimum at some r 0 , and by the symmetric criticality argument, this is actually critical among all variations, not just the orbital ones.
• Page 57. The 4th line from the bottom.
• Page 58, The 8th line in subsection 3.9.1.
i.e. S 3 should be replaced by R 3 , as we use Euclidean metric in this subsection.
• Page 59, in Definition 3.5.
EX,cos(K)
i.e. the order of x 2 and x 3 in "x 1 ≺ x 3 ≺ x 2 ≺ x 4 " should be reversed.
• Page 67. The 5th line If E α,p (h) with αp > 2 is finite then h cannot have a sharp turn.
If E α,p (h) with αp > 2 is bounded then h cannot have a sharp turn.
• Pages 95, Figure 6 .7, page 97, Figure 6 .11, page 99, Figure 6 .15. The caption "Look with the right eye." should be "Look with the left eye." (You do not have to close your left eye.)
• There is a misunderstanding about the order of contact. The order of contact in the book should be reduced by 1. The errors can be found on pages 119, 120, 123-125, 184-185.
-Page 119. Definition 8.2 "(1) An osculating circle · · · is the circle which is tangent to K at x at least to the third order"
should be replaced by "(1) An osculating circle · · · is the circle which is tangent to K at x at least to the second order" and "(2) An osculating sphere · · · is tangent to K at x at least to the fourth order. " should be replaced by "(2) An osculating sphere · · · is tangent to K at x at least to the third order. " (2) Suppose the order of tangency of the osculating circle to the knot is just 2. Then · · · " -Page 120. After Proposition 8.3.1. "When the order of tangency of the osculating circle to the knot is greater than 3, any 2-sphere through the osculating circle is tangent to the knot to the fourth order. But there might be a unique 2-sphere which is tangent to the knot with a higher order of tangency than 4. "
should be replaced by "When the order of tangency of the osculating circle to the knot is greater than 2, any 2-sphere through the osculating circle is tangent to the knot to the third order. But there might be a unique 2-sphere which is tangent to the knot with a higher order of tangency than 3. " -Page 120. The 6th line from the bottom (after the formula (8.1)). "Then C is tangent to K at 0 to the fourth order, i.e. f "Case I: · · · If the knot K is transversal to Σ at x and if the order of tangency of K and Σ at y is 2, then K must intersect Σ (not necessarily transversally) at a third point z which is different from both x and y, and therefore Σ = σ (x, z, y, y) .
If the order of tangency of K and Σ at y is more than or equal to 3, then Σ = σ (x, y, y, y) . Case II: Suppose x = y. The order of tangency of K to Σ at x is more than or equal to 3. If it is 3 then K must intersect Σ (not necessarily transversally) at another point z (z ̸ = x). Then Σ = σ (x, x, x, z) . If the order of tangency is more than or equal to 4 then Σ = σ (x, x, x, x) . "
should be replaced by "Case I: · · · If the knot K is transversal to Σ at x and if the order of contact of K and Σ at y is 1, then K must intersect Σ (not necessarily transversally) at a third point z which is different from both x and y, and therefore Σ = σ (x, z, y, y) .
If the order of contact of K and Σ at y is more than or equal to 2, then Σ = σ(x, y, y, y). Case II: Suppose x = y. The order of tangency of K to Σ at x is more than or equal to 2. If it is 3 then K must intersect Σ (not necessarily transversally) at another point
If the order of contact is more than or equal to 3 then Σ = σ (x, x, x, x) . " Furthormore, the proof that ⟨u, v⟩ ̸ = −1 should be added:
Assume ⟨u, v⟩ = −1. Since ⟨u, u⟩ = −1 we have ⟨u, u − v⟩ = 0. Lemma 9.1.1 (3) implies that u − v is either space-like or equal to 0. As ⟨u − v, u − v⟩ = 0, u − v cannot be space-like. Therefore, u − v = 0, which is a contradiction.
• Page 145. The 3rd line. S 3 inf ty should be replaced by S 3 ∞ .
• Page 145. The bijection in Theorem 9.3.2 can be considered as a modern version of the pentaspherical coordinates in [Dar] .
• Page 151 last two lines to Page 152 line. (1a). The book misses the description of the case when n = 1.
In this case we may consider the "base sphere" to be ∅ = ∂(P ⊥ ∩ H 2 ), where ∂H 2 = S 1 ∞ . Let us call P or the set of corresponding spheres of dimension 0 a "space-like pencil ".
• Page 166. Three lines before Lemma 9.8.2.
• Page 167. The 8th line.
• Page 167. The 16th line.
• Page 175. Definition 10.1 (2) should be replaced by "(2) An oriented 2-sphere Σ is called a non-trivial sphere in the strict sense for a knot K if each connected component of
• Page 184. Definition 10.6. (1)
The osculating circle of K at f (s) is tangent to K to the fourth order } .
The osculating circle of K at f (s) is tangent to K to the third order } .
• Page 184. "(1) Suppose the osculating circle C is tangent to the knot at f (s) to the fourth order. · · · · · · and hence the osculating circle C is tangent to the knot at f (s) to the fourth order. " should be replaced by "(1) Suppose the osculating circle C is tangent to the knot at f (s) to the third order. · · · · · · and hence the osculating circle C is tangent to the knot at f (s) to the third order. "
• Page 191. The 7th line.
• Page 193. The 4th line in the Proof of Lemma 11.2.2. 'bas' should be replaced by 'basis'.
• Page 193. The 5th line in Lemma 11.2.3. 'this local coordinate' should be replaced by 'these local coordinates'.
• Page 198. Theorem 11.2.7. As a corollary of this theorem, we have
• Page 200. The condition (ii) of Theorem 11.2.9 is not necessary.
• Page 203. A remark on Definition 11.4:
The real part of the infinitesimal cross ratio of a knot K is a smooth 2-form on K × K \ △, but it is not the case with the imaginary part. Since the conformal angle θ K (x, y) is not a smooth function of x and y (see Figure 10 .1 on page 183), the imaginary part of the infinitesimal cross ratio may have singularity at a pair of points (x, y) ∈ K × K \ △ where the conformal angle θ K (x, y) vanishes.
• Page 206. The 2nd and 3rd lines
i.e. = 0 should be added at the end of the both formulae.
• Page 211. The 2nd and 3rd lines
(η = tan ξ)
• Page 218. The 3rd line in the Proof of Lemma 12.3.2
i.e. the inequality should be reversed.
• Page 218. The 8th line in the Proof of Lemma 12.3.2, i.e. just above Figure 12 .2. • Page 219. The 8th line (just above Figure 12. 3).
N t whose meridian disc has radius (400(d + t))/3, as illustrated in Figure 12 .3. should be replaced by N t whose meridian disc has radius (200(d + t))/3, as illustrated in Figure 12 .3.
• Page 219. Figure 12 .3 should be replaced by Figure 2 . Namely, the radius of the inner circle of the left picture, which was
in the book, should be
, and the radius of the 'degenerate solid torus in the right picture, which was
• • Pae 220. The 2nd line from the bottom
• Page 226. The last three lines of Remark 13.2.2 should be replaced by This is because 1 ≤ n C 2 ≤ 2n C 4 when n ≥ 2.
• Page 229. Line 6 up.
"subarc of C 3 (r) between Q 12 (r) and P 23 (r) "
should be replaced by "subarc of C 3 (r) between Q 12 (r) and P 13 (r) " 
